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Abstract: The velocities of space plasma particles, often follow kappa distribution functions. The
kappa index, which labels and governs these distributions, is an important parameter in
understanding the plasma dynamics. Space science missions often carry plasma instruments on
board which observe the plasma particles and construct their velocity distribution functions. A
proper analysis of the velocity distribution functions derives the plasma bulk parameters, such as
the plasma density, speed, temperature, and kappa index. Commonly, the plasma bulk density,
velocity, and temperature are determined from the velocity moments of the observed distribution
function. Interestingly, recent studies demonstrated the calculation of the kappa index from the
speed (kinetic energy) moments of the distribution function. Such a novel calculation could be very
useful in future analyses and applications. This study examines the accuracy of the specific method
using synthetic plasma proton observations by a typical electrostatic analyzer. We analyze the
modeled observations in order to derive the plasma bulk parameters, which we compare with the
parameters we used to model the observations in the first place. Through this comparison, we
quantify the systematic and statistical errors in the derived moments, and we discuss their possible
sources.
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1. Introduction

The velocity distribution function (VDF) of space plasma particles contains all the information
we need in order to understand the kinetic and thermodynamic properties of the plasma. Several
studies have shown that the VDFs of space plasma particles are kappa distribution functions ([1-7]
and references therein), which consist of a lower energy “core” and a higher energy “tail”. Over the
last few decades, several studies have used kappa distribution functions to describe plasma particles
in several space regions such as, the solar wind (e.g., [8-15]), planetary magnetospheres (e.g., [16-
21]), in the vicinity of a comet [22], and the inner and outer heliosheath (e.g., [23-29]). In the
theoretical framework, the kappa distribution function minimizes the Tsallis entropic form under the
constraints of the canonical ensemble [30-32], which is shown to be the only physically meaningful
entropic form consistent with thermodynamics [33].

The three dimensional (3D) isotropic kappa VDF (e.g., [3,6] and references therein) is
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where i is the particle velocity vector, n, ;,, and T are the plasma density, bulk velocity vector,
and temperature respectively, I' is the gamma function, m the mass of the particle species, and ks is
the Boltzmann constant. Finally, k is the kappa index that labels and governs the VDF. In order to
describe accurately space plasmas, we need high-quality measurements which allow the accurate
determination of the VDF. State-of-the-art instruments, such as top-hat electrostatic analyzers, are
capable of measuring plasma particle fluxes in velocity space, constructing the 3D VDFs of the plasma
particles. Due to technological limitations associated with the instrument’s resolution, range, and
efficiency, the 3D VDFs are not always perfectly resolved. Inaccuracies in the measurements can lead
to inaccurate description of the plasma. Furthermore, the total error of the derived plasma parameters
also depends on the method we use to analyze the observations [34-37].

We highlight the importance of the accurate determination of x, which describes the
thermodynamic distance from the classic thermal equilibrium (e.g., [38]) and is related with the
correlation between the plasma particles (e.g., [3,39]). Interestingly, recent studies have shown that
the kappa index is related with the polytropic index of space plasmas [21,33,40,41], which must be
determined for the valid characterization and understanding of physical mechanisms, such as
transitions through shocks [42—45], plasma turbulent compressions (e.g., [36,46]), particle collisions
[47], and many more. Importantly, previous studies demonstrated that inaccurate estimations of the
kappa index can lead to significant misestimations of other plasma bulk parameters [2,3,34].

Typical analysis of the VDF calculates the velocity moments of the VDF via numerical
integration. From the different orders of the velocity moments, we determine the plasma density,
bulk velocity, and temperature. However, there is no velocity moment that is a function of the kappa
index. Instead, the speed (or kinetic energy) moments of the VDF are functions of the temperature T
and the kappa index «. Livadiotis [6] and [48] have derived the kinetic energy moments of the kappa

distribution function
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where & =Em(u —uo)2 is the kinetic energy of the plasma particles in the reference frame of the
bulk flow, a is the order of the moment, and dx denotes the kinetic degrees of freedom. In Equation
d
(2) we use the notation of the invariant kappa index &, =k —?k (for more details see [48,49]). As

explicitly shown by [6], only the Oth (a = 0) and the 2nd (a = 2) order ex moments do not depend on
x, while any other order is a combination of k¥ and T. In this study we examine 3D VDFs, therefore dx

3
=3,and K=K+ 5 In this consideration, x ranges between 3/2 and . According to Equation (2) and

as discussed in [6], only moments of order a < 2 converge for all possible « values. For instance, the
first order moment (« = 1) for a 3D VDF is
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and Figure 1 shows M! as a function of «, for five different temperatures. For all the temperatures we
show, there is a sharp increase of M ' as a function of x within the range 1.5 < k¥ <4, and a plateau
for x > 4. The numerical calculation of Equation (3) leads to the determination of . Such a novel
calculation could be useful for future analyses and/or could be applied on-board in future operations
for fast estimations. However, we firstly need to validate this method considering plasma
measurements with realistic uncertainties, obtained by an instrument with realistic detection
efficiency, field of view, and resolution.
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Figure 1. The first order kinetic energy moment M ' as a function of the kappa index x, for five

different plasma temperatures T.

The purpose of this paper is to demonstrate and quantify the derivation of the kappa index for
distributions constructed from plasma measurements. In order to do that, we model observations of
typical solar wind plasma protons with their velocities following the isotropic kappa distribution
function, considering a realistic response of an electrostatic analyzer. We then analyze the
observations by constructing the 3D VDFs from the observations and calculate the statistical
moments that allow the calculation of the plasma parameters. The difference between the derived
and the input plasma parameters quantifies the accuracy of the specific method for the specific
instrument design and plasma conditions. In the next section, we show how we construct our
synthetic solar wind observations and how we construct the VDF and analyze it to obtain the
statistical moments. In Section 3, we show the results for a synthetic solar wind plasma, and we
quantify the accuracy of the derived parameters. In Section 4, we discuss in detail our results, and in
Section 5 we summarize our conclusions.

2. Methods

2.1. Synthetic Data Set

We use the forward modeling method (e.g., [20,34-37,50-56]) to simulate solar wind proton
observations by a typical top-hat electrostatic analyzer with an electrostatic aperture deflector system
and a position-sensitive Multi-Channel-Plate (MCP) detector. Our model instrument measures
protons within the energy range from 200 ev to 20 keV, in 96 electrostatic steps of the electrostatic
analyzer, each with resolution AE/E ~ 5%. The instrument resolves the elevation direction of the
particles © within the range from —22.5° to +22.5°, in 9 electrostatic scans of the aperture deflector.
Each elevation angle is resolved with resolution A® =5°. The MCP resolves the azimuth direction of
the particles @ within the range from —45° to +45°, in 16 azimuth sectors with resolution A® = 6°.

We model solar wind protons with velocities following the isotropic kappa distribution function.
The instrument scans through the energies and directions of the particles in discrete E, ©, @ bins and
registers the amount of particles that hit the MCP detector within the acquisition time At and produce
detectable signal. For this study, we use At =1 millisecond. The expected amount of detected particles
is approximately

C(E,8,¢)=%GE2f(E,@,¢)AT, 4)
m

where m is the mass of the proton and G= AOEAG)ACD is the instrument’s geometric factor with

Ao the effective aperture, which is a function of the geometric aperture and the detection efficiency

(for more see [35-37]). For our study, we use 4,=4.4X10° m2 and combined with the energy

—0
resolution and the solid angle covered by the instrument’s angular resolution results to G=2x10
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m?-eV/eV-sr. Although Equation (4) gives the expected average number of detected particles for each
E, ©, ® pixel, in reality, the registered counts Cout follow the Poisson distribution function of average
C(E,0,D), with measurement probability

(G
C.!

out

P(C,)=¢* ®)

In the left panel of Figure 2, we show one example of registered counts as a function of energy
and elevation angle, integrated over the azimuth angles. In the right panel of Figure 2, we show the
registered counts as a function of energy and azimuth, integrated over the elevation angles. For the

specific example, we model plasma with n =20 cm3, %, =500 kms™ with direction towards © = 0°
and ®=0° T=20eV and x =3.

Input :n = 20.0 cm™3, up = 500.0 kms™!, T= 20.0eV, k = 3.0

40°

00 05 1.0 15 20 25 3.0 35 0.0 05 1.0 1.5 2.0 25 3.0
16g10(Cou, integrated over @) log1o(Ceut, integrated over @)
Figure 2. Measurement sample for plasma with 7 =20 cm™, %, =500 kms™ towards © =0° and @ =

0°, T=20eV, and x =3, recorded by the top-hat electrostatic analyzer design we consider in this study.
The left panel shows the registered number of counts Cout as a function of logw(E) and @ integrated
over @, while the right panel shows Cout as a function of logio(E) and @, integrated over ©.

2.2. Statistical Moments

In plasma applications, we usually consider that Cout (E,0,®) ~ C(E,0,®P) and the kinetic energy
distribution function is constructed from the observations, using the inverse of Equation (4):
mzcout (E’@’¢)

E,0,@)=
Jou ) 2GE’AT

(6)

from which we can obtain the VDF f;, (i) for u = fZ—E . Commonly, the plasma bulk parameters
m

are determined from the velocity moments of fou, i.e., the plasma density
— 3
Hy =] fuu@du, %

the plasma bulk velocity vector

g == ([ D) fon @ @)+ ([ @9 @ @ )i+ ([ ) f@ @ n)z]r (8)

and the elements of the temperature tensor

g1 :
T =——[mwifu @ du, )

out’™"B

where, with i and j running through the x, y, and z components. Finally, the W) :(U,» —l/lo_,»,out) scalar

temperature is determined as
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and according to Equation (2), the kappa index xou is determined by solving
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Having completed the set of the statistical moments in Equations (7-11), we determine the
complete set of the plasma bulk parameters. Here we focus on the derivation of the xou by
numerically solving Equation (12). The accurate derivation of xou, depends on the accuracy of Tout

and M?

out /

which we examine through this paper.

3. Results

We examine the accuracy of the derived moments for plasma with n =20 cm=3, 4, =500 kms™
towards © = @ =0° T=20eV, and « = 3, which are typical solar wind proton parameters within the
heliocentric distance range from 0.3 to lau (e.g., [57,58]). We model 1000 observation samples for the
specific input parameters. We analyze each sample as explained in Section 2.2 in order to determine
Tout, Uoout, Tout, and xout. In Figure 3, we show the histograms of the derived plasma parameters for the
1000 modeled observation samples. In the example shown in Figure 3, we calculate xout from the first
order energy moment M, (& =1). On average, the analysis of the specific plasma underestimates
the plasma density and temperature and overestimates the kappa index. More specifically, the
average fout is ~19.8 cm=, which is by ~1% smaller than the actual . The average Tout is 19.4 eV, which
is by ~3% smaller than the actual T. The average «out is about 3.5, while the actual « = 3. Finally, we
find that the average plasma speed does not deviate from the actual value.

Thput : 1 = 20.0 cm=3, u,= 500.0 kms~1, T = 20.0 eV, k = 3.00

800+ 3
400 i ;
u=19.8cm3 M =500.2 kms~?t
§ 300 { 0=01cm™ 600 0=02kms"!
I
400
3 200
Q
<]
100 4 2004
0 T T 0 T T T T
18 19 21 22 490 495 500 505 510
Row (cm™3) uo,out (km/s)
J 400
300 u=19.4ev 1=353
2 o=0.1eVv o =005
c 300
@ 200
£
3 200+
Q
© 100
100 4
0 T T 0 T T
18 19 20 21 22 1 2 2 4 5

Tout (V) Kout
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Figure 3. Histograms of the derived (top left) nou, (top right) uoou, (bottom left) Tou, and (bottom
right) xou, by the analysis of 1000 measurement samples considering plasma with 7 =20 cm3, U, =
500 kms™ towards © = 0° and @ =0°, T =20 eV, and « = 3. In each panel, we show the mean value p

and the standard deviation o of the derived moments, while the vertical blue dashed line indicates
the corresponding input value.

Our results in Figure 3, indicate that in addition to the systematic error, the plasma parameters
are derived within a certain standard deviation. We specifically calculate on,out ~ 0.1 cm™, Ouo,out ~ 0.2
kms™, oTout ~ 0.1 €V, and ow.out ~ 0.05. The total error of the derived plasma parameters (statistical and
systematic) depends on the plasma input and the accuracy with which the instrument measures the
particle flux (e.g., [34-37]). In Section 4, we discuss further the sources of errors.

We would also like to examine the accuracy of xout as calculated from the kinetic energy moments
of different orders a. In Figure 4, we show the average xout and its standard deviation, as functions of
a for the same input plasma parameters as in the example in Figure 3. We investigate the results for
a values within 0 and 2, which are the boundaries of the converging energy moment orders (see also
[6] and references therein). For each a value, we analyze 1000 samples following the Poisson
distribution in Equation (5). The derived kappa index #out ~ 3.95 for & — 0 and xout ~ 3.4 for o — 2
. The standard deviation of the mean xout values is owout~ 0.07 for ¢ — 0 and reduces to owout~ 0.05
for o — 2. In the next section we discuss in detail our results.

Input :n =20.0cm~3, up = 500.0 kms™!, T=20.0eV, k = 3.0

4.0 0.07
391 = 0.06 |
o
3
381 { © 0.051
‘g 3.7 % 0.04

3.4

: i

000 025 050 075 1.00 1.25 1.50 1.75 2.00
a

Figure 4. The mean kappa index kout and its standard deviation owout as functions of the energy
moment order we use to analyze the data-set.

4. Discussion

We demonstrate the analysis of plasma measurements that estimates the kappa index from the
statistical moments of the velocity distribution function of the plasma particles. The analysis of the
synthetic solar wind proton data sets in our study shows that the specific method systematically
overestimates the kappa index.

In fact, the kappa index is calculated by numerically solving Equation (12). Thus, an accurate

calculation of xout is based on the accuracy of Tourand M,

ot - Any systematic error of Tourand/or M,

results in a systematic error of xout. In Figure 5, we examine the values of xou as a function of Tout and

1 1
out out

the first order energy moment M, . The top left panel shows the histogram of M, and the lower

right panel the histogram of Tout as derived from the analysis of 1000 samples considering plasma
protons with n =20 cm=, %, =500 kms towards © =0° and @ =0° T=20 eV, and « = 3. In the top

right panel, we show the solution matrix for kot as a function of Touwt and M, as calculated from

out

Equation (12). On the same matrix, we indicate the input and the average derived parameters in our
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analysis. The derived xout in our example is overestimated due to the misestimation of Tout by ~3%

and the overestimation of M by just 0.5%.

out
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Figure 5. (Top left) The occurrence of M (l)ut and (lower right) Tou, as derived from the analysis of
1000 samples of plasma with n =20 cm=3, U, =500 kms™ towards ©® =0° and ®=0°, T=20eV, and «

=3. (Top right) Solutions of xout as a function of Tourand M ‘l)u[ according to Equation (12). On each

panel, the blue lines indicate the input parameters and the black lines the derived parameters in our

example.

The misestimation of the statistical moments is due to the instrument’s limited efficiency, energy
and angular range, energy and angular resolution, and poor statistics related to the sampling of the
distribution function in discrete steps (e.g., [34-37]). For instance, the instrument’s limited efficiency
prevents the detection of low particle fluxes which are allowing the construction of the high energy
tails of a distribution function. Additionally, there are cases when the distribution function drifts
beyond the instrument’s energy and angular range. In these cases, Equations (7) and (9)
underestimate the plasma density and temperature respectively, as fout is under-sampled. Moreover,
plasma instruments resolve the distribution function in finite AE, A®, and A® intervals. As a result,
the shape of the actual distribution within individual AE, A®, and A® pixels and its contribution to
the statistical moments cannot be quantified. Similarly, the distribution is sampled in discrete energy
and angular steps, and the statistical moments are numerically calculated according to the specific
limited sampling (binning).

Importantly, we expect the accuracy to depend on all the plasma bulk parameters, as they affect
the shape of the VDF e.g., [35-37]. For instance, plasmas with higher temperatures have broader VDFs
with bigger portion of their tails drifting beyond the instrument’s angular range, causing an
underestimation of #out and Tout. On the other hand, colder plasmas have narrower VDFs, which are
harder to sample with a limited angular resolution. In another example, plasmas with higher
densities will increase the number of recorded counts, therefore will reduce the statistical (Poisson)
error. The detailed characterization of the accuracy as a function of the plasma parameters is beyond
the scope if this study but will be the subject of a future project.

We note that several missions apply moments calculation algorithms on-board spacecraft to
enable fast calculations and anticipate the limited telemetry. The specific method we demonstrate
here provides novel estimations of the kappa index, which completes the set of the plasma bulk
parameters. Moreover, we note that such a method is useful for on-ground calculations in any
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application beyond plasma VDFs, where kappa distributions play a significant role (e.g., [59,60]).
However, users of this method should be aware of the potential errors exposed in this study and use
similar approach for their quantification.

Finally, we demonstrate how the accuracy depends on the instrument’s field of view and
resolution. We do that by analyzing the same plasma as in Section 3 considering two different
instrument designs; one as described in Section 2, and a second one with double the © range (—45° <
© < +45°) and with better angular resolution (A® = AD = 2.5°). In Figure 6, we show the results of the
analysis in the same format as in the top right panel of Figure 5. As expected, the analysis of the
observations by the second instrument design calculates more accurately the plasma moments. The
improved angular resolution minimizes numerical errors associated with the limited sampling of the
VDF’s shape, while the increased field of view captures a bigger portion of the distribution function
which contributes to the statistical moments.

6
4.74
4.72 45° , 7@ = 5° 2
90° Ad = 6°
L 470 S 4
D B
5 4.68 0 .
—a 3 0
x
4.66 Input
o~ L2
4.64 0
4.62 9@ range = 90°, A® = 2.5° :
4 ® range = 90°, A® = 2.5°
4.60 + . ; ; : ] 0
18.0 185 19.0 195 200 205 21.0

Tout (eV)

Figure 6. Solutions of xout as a function of Tout and M (lmt according to Equation (12). The black circle
indicates the average parameters as derived from the analysis of 1000 observation samples by our
standard instrument model with field of view —22.5° < @ < +22.5°, —45° < @ < +45°, and angular
resolution A® = 5° and A® = 6° respectively. The green circle indicates the average parameters as
derived from the analysis of 1000 observation samples by an instrument with field of view —45° < ® <
+45°, —45° < @ < +45°, and angular resolution A® = A® = 2.5°. The input plasma parameters are the
same as in Section 3 and are indicated by the blue circle.

5. Conclusions

We demonstrate the derivation of plasma bulk parameters by calculating the statistical velocity
and kinetic energy moments of a modeled kappa distribution as constructed from the observations
by a typical electrostatic analyzer. We apply the mathematical tools demonstrated by [6,48] to
simulated observations and we quantify the accuracy of the plasma parameters when derived from
the specific method. Our analysis shows that:

e The velocity moments of the observed distribution underestimate the plasma density and
temperature, but they provide an accurate estimation of the plasma bulk speed.

¢ The calculation of the kinetic energy moments of order between 0 and 2 leads to the estimation
of the kappa index value. The accuracy of the derived index value is slightly improved as the
order of the used energy moment increases. Nevertheless, due to instrument limitations, the
analysis systematically overestimates the kappa index of the plasma.

e The misestimations of the plasma parameters are due to the instrument’s limited efficiency,
energy and angular range, resolution, and limited sampling of the actual plasma distribution.
Our analysis quantifies the error of the derived parameters for a specific instrument design and
plasma conditions. Similarly, future applications could quantify the expected errors by adjusting



Entropy 2020, 22, 212 9 of 11

the instrument and plasma parameters. Moreover, our results could drive future instrument
designs in order to achieve the desired accuracy in specific applications.

Author Contributions: Conceptualization, G.N., G.L., and R.T.W.; methodology, G.N. and G.L.; software, G.N.;
validation, G.N., G.L., and R.T.W.; formal analysis, G.N.; investigation, G.N.; resources, G.N., G.L., and RT.W;
data curation, G.N.; writing—original draft preparation, G.N.; writing—review and editing, G.N, G.L., and
R.T.W.; visualization, G.N., G.L., and R.T.W.; supervision, RT.W.; project administration, R.T.W.; funding
acquisition, R.T.W. All authors have read and agreed to the published version of the manuscript.

Funding: G.N. and R.T.W. are supported by the STFC Consolidated Grant to UCL/MSSL, ST/S000240/1. G.L. is
supported by Nasa’s projects NNX17AB74G and 80NSSC18K0520.

Conflicts of Interest: The authors declare no conflict of interest.

References

1. Shizgal, B.D. Suprathermal particle distributions in space physics: Kappa distributions and entropy.
Astrophys. Space Sci. 2007, 312, 227-237.

2. Livadiotis, G.; McComas, D.J. Beyond kappa distributions: Exploiting Tsalis statistical mechanics in space
plasmas. J. Geophys. Res. 2009, 114, A11105.

3. Livadiotis, G.; McComas, D.J. Understanding kappa distributions: A toolbox for space science and
astrophysics. Space Sci. Rev. 2013, 175, 183-214.

4.  Pierrard, V.; Lazar, M. Kappa distributions: Theory and applications in space plasmas. Sol. Phys. 2010, 267,
153-174.

5. Livadiotis, G. Introduction to special section on origins and properties of kappa distributions: Statistical
Background and properties of kappa distributions in space plasmas. J. Geophys. Res. 2015, 120, 1607-1619.

6. Livadiotis, G. Kappa Distributions: Theory and Applications in Plasmas; Elsavier: Amsterdam, The
Netherlands, 2017.

7. Verscharen, D.; Klein, K.G.; Maruca, B.A. The multi-scale nature of the solar wind. Living Rev. Sol. Phys.
2019, 16, 5.

8.  Maksimovic, M,; Pierrard, V.; Riley, P. Ulysses electron distributions fitted with kappa functions. Geophys.
Res. Lett. 1997, 24, 1151-1154.

9.  Maksimovic, M.; Zouganelis, I.; Chaufray, J.Y.; Issautier, K.; Scime, E.E.; Littleton, J.E.; Marsch, E.;
McComas, D.J.; Salem, C.; Lin, R.P.; et al. Radial evolution of the electron distribution functions in the fast
solar wind between 0.3 and 1.5 AU. J. Geophys. Res. 2005, 110, A09104.

10. Pierrard, V.; Maksimovic, M.; Lemaire, J. Electron velocity distribution functions from the solar wind to the
corona. J. Geophys. Res. 1999, 104, 17021-17032.

11.  Marsch, E. Kinetic Physics of the Solar Wind. Living Rev. Sol. Phys. 2006, 3, 1.

12.  Zouganelis, I.; Maksimovic, M.; Meyer-Vernet, N.; Lamy, H.; Issautier, K. A transonic collisionless model
of the solar wind. Astrophys. J. 2004, 606, 542-554.

13.  Stverak, §_; Maksimovic, M.; Travnicek, P.M.; Marsch, E.; Fazakerley, A.N.; Scime, E.E. Radial evolution of
nonthermal electron populations in the low-latitude solar wind: Helios, Cluster, and Ulysses Observations.
J. Geophys. Res. 2009, 114, A05104.

14.  Yoon, P.H. Electron kappa distribution and quasi-thermal noise. ]. Geophys. Res. 2014, 119, 7074-7087.

15. Heerikhuisen, J.; Zirnstein, E.; Pogorelov, N. k-distributed protons in the solar wind and their charge-
exchange coupling to energetic hydrogen. ]. Geophys. Res. 2015, 120, 1516-1525.

16. Christon, S.P. A comparison of the Mercury and Earth magnetospheres: Electron measurements and
substorm time scales. Icarus 1987, 71, 448-471.

17. Mauk, B.H.; Mitchell, D.G.; McEntire, R.W.; Paranicas, C.P.; Roelof, E.C.; Williams, D.J.; Krimigis, S.M.;
Lagg, A. Energetic ion characteristics and neutral gas interactions in Jupiter’s magnetosphere. ]. Geophys.
Res. 2004, 109, A09S12.

18. Dialynas, K.; Krimigis, S.M.; Mitchell, D.G.; Hamilton, D.C.; Krupp, N.; Brandt, P.C. Energetic ion soectral
characteristics in the Saturnian magnetosphere using Cassini/MIMI measurements. ]. Geophys. Res. 2009,
114, A01212.

19. Ogasawara, K.; Angelopoulos, V.; Dayeh, M.A.; Fuselier, S.A.; Livadiotis, G.; McComas, D.J.; McFadden,
J.P. Characterizing the dayside magnetosheath using energetic neutral atoms: IBEX and THEMIS
observations. ]. Geophys. Res. 2013, 118, 3126-3137.



Entropy 2020, 22, 212 10 of 11

20.

21.

22.

23.

24.

25.

26.

27.

28.

29.

30.
31.

32.

33.
34.

35.

36.

37.

38.

39.

40.

41.

42.
43.

44.

45.

Nicolaou, G.; McComas, D.J.; Bagenal, F.; Elliott, H.A. Properties of plasma ions in the distant Jovian
magnetosheath using Solar Wind Around Pluto data on New Horizons. J. Geophys. Res. 2014, 119, 3463—
3479.

Ogasawara, K.; Livadiotis, G.; Grubbs, G.A.; Jahn, ].M.; Michell, R.; Samara, M.; Sharber, ].R.; Winningham,
].D. Properties of suprathermal electrons associated with discrete auroral arcs. Geophys. Res. Lett. 2017, 44,
3475-3484.

Broiles, T.W.; Livadiotis, G.; Burch, J.L.; Chae, K.; Clark, G.; Cravens, T.E.; Davidson, R.; Frahm, R.A;
Fuselier, S.A.; Goldstein, R.; et al. Characterizing cometary electrons with kappa distributions. ]. Geophys.
Res. 2016, 121, 7407-7422.

Decker, R.B.; Krimigis, S.M. Voyager observations of low-energy ions during solar cycle 23. Adv. Space Res.
2003, 32, 597-602.

Zank, G.P.; Heerikhuisen, J.; Pogorelov, N.V.; Burrows, R.; McComas, D. Microstructure of the heliospheric
termination shock: Implications for energetic neutral atom observations. Astrophys. J. 2010, 708, 1092-1106.
Livadiotis, G.; McComas, D.J.; Dayeh, M.A.; Funsten, H.O.; Schwadron, N.A. First Sky map of the inner
heliosheath temperature using IBEX spectra. Astrophys. J. 2011, 734, 1.

Livadiotis, G.; McComas, D.J.; Randol, B.M.; Funsten, H.O.; M&bius, E.S.; Schwadron, N.A.; Dayeh, M.A.;
Zank, G.P.; Frisch, P.C. Pick-up ion distributions and their influence on energetic neutral atom spectral
curvature. Astrophys. |. 2012, 751, 64.

Livadiotis, G.; McComas, D.J.; Schwadron, N.A.; Funsten, H.O.; Fuselier, S.A. Pressure of the proton
plasma in the inner heliosheath. Astrophys. J. 2013, 762, 134.

Livadiotis, G.; McComas, D.J. The influence of pick-up ions on space plasma distributions. Astrophys. J.
2011, 738, 64.

Livadiotis, G.; McComas, D.J. Non-equilibrium thermodynamic processes: Space plasmas and the inner
heliosheath. Astrophys. J. 2012, 749, 11.

Tsallis, C. Possible generalization of Boltzmann-Gibbs statistics. J. Stat. Phys. 1988, 52, 479-487.

Tsallis, C. Introduction to Nonextensive Statistical Mechanics: Approaching A Complex World; Springer: New
York, NY, USA, 2009.

Tsallis, C.; Mendes, R.S.; Plastino, A.R. The role of constraints within generalized nonextensive statistics.
Phys. A Stat. Mech. Appl. 1998, 261, 534-554.

Livadiotis, G. Thermodynamic origin of kappa distributions. Eur. Lett. 2018, 122, 50001.

Nicolaou, G.; Livadiotis, G. Misestimation of temperature when applying Maxwellian distributions to
space plasmas described by kappa distributions. Astrophys. Space Sci. 2016, 361, 359.

Nicolaou, G.; Livadiotis, G.; Owen, C.J.; Verscharen, D.; Wicks, R.T. Determining the kappa distributions
of space plasmas from observations in a limited energy range. Astrophys. J. 2018, 864, 3.

Nicolaou, G.; Verscharen, D.; Wicks, R.T.; Owen, C.J. The impact of turbulent solar wind fluctuations on
Solar Orbiter plasma proton measurements. Astrophys. J. 2019, 886, 101.

Nicolaou, G.; Wicks, R.T.; Livadiotis, G.; Verscharen, D.; Owen, C.J.; Kataria, D.O. Determining the bulk
parameters of plasma electrons from pitch-angle distribution measurements. Entropy 2020, 22, 103.
Livadiotis, G.; Desai, M.I.; Wilson, III, L.B. Generation of Kappa Distributions in Solar Wind at lau.
Astrophys. ]. 2018, 853, 142.

Livadiotis, G. Using Kappa Distributions to Identify the Potential Energy. ]. Geophys. Res. 2018, 123, 1050—
1060.

Livadiotis, G. On the Origin of Polytropic Behavior in Space and Astrophysical Plasmas. Astrophys. J. 2019,
874, 10-18.

Nicolaou, G.; Livadiotis, G. Long-term Correlations of Polytropic Indices with Kappa Distributions in Solar
Wind Plasma near 1 au. Astrophys. J. 2019, 884, 52.

Livadiotis, G.; Shock strength in space and astrophysical plasmas. Astrophys. J. 2015, 809, 111.

Scherer, K. Fichtner, H.; Fahr, H.J. Roken, C.,; Kleimann, J. Generalized multi-polytropic
Rankine_Hugoniot relations and the entropy conditions. Astrophys. J. 2016, 833, 38.

Nicolaou, G.; Livadiotis, G. Modeling the Plasma Flow in the Inner Heliosheath with a Spatially Varying
Compression Ratio. Astrophys. J. 2017, 838, 7.

Livadiotis, G. Rankine-Hugoniot Shock Conditions for Space and Astrophysical Plasmas Described by
Kappa Distributions. Astrophys. ]. 2019, 886, 3.



Entropy 2020, 22, 212 11 of 11

46.

47.

48.
49.

50.

51.

52.

53.

54.

55.

56.

57.

58.

59.

60.

Wu, H.; Verscharen, D.; Wicks, R.T.; Chen, C.H.K.; He, J.; Nicolaou, G. The Fluid-like and Kinetic Behavior
of Kinetic Alfvén Turbulence in Space Plasma. Astrophys. J. 2019, 870, 106.

Livadiotis, G. Collision frequency and mean free path for plasmas described by kappa distributions. AIP
Adv. 2019, 9, 105307.

Livadiotis, G. Theoretical aspects of Hamiltonian kappa distributions. Phys. Scr. 2019, 94, 105009.
Livadiotis, G.; McComas, D.J. Invariant kappa distribution in space plasmas out of equilibrium. Astrophys.
J. 2011, 741, 88.

Elliott, H.A.; McComas, D.]J.; Valek, P.; Nicolaou, G.; Weidner, S.; Livadiotis, G. The New Horizons Solar
Wind Around Pluto (SWAP) observations of the solar wind from 11-33 au. Astrophys. ]. Supp. Ser. 2016, 223,
19.

Vaivads, A.; Retino, A.; Soucek, J.; Khotyaintsev, Y.V.; Valentini, F.; Escoubet, C.P.; Alexandrova, O.;
André, M.; Bale, S.D.; Balikhin, M.; et al. Turbulence heating ObserveR-satellite mission proposal. J. Plasma
Phys. 2016, 82, d0i:10.1017/50022377816000775.

Cara, A.; Lavraud, B.; Fedorov, A.; De Keyser, ].; DeMarco, R.; Federica Marucci, M.; Valentini, F.; Servidio,
S.; Bruno, R. Electrostatic analyzer design for solar wind proton measurements with high temporal, energy,
and angular resolutions. J. Geophys. Res. 2017, 122, 1439-1450.

Nicolaou, G.; McComas, D.J.; Bagenal, F.; Elliott, H.A.; Ebert, R.W. Jupiter's deep magnetotail boundary
layer. Planet. Space Sci. 2015, 111, 116-125.

Nicolaou, G.; McComas, D.J.; Bagenal, F.; Elliott, H.A.; Wilson, R.]. Plasma Properties in the deep jovian
magnetotail. Planet. Space Sci. 2015, 119, 222-232.

Wilson, R.J.; Bagenal, F.; Persoon, AM. Survey of thermal ions in Saturn’s magnetosphere utilizing a
forward model. ]. Geophys. Res. 2017, 122, 7256-7278.

Kim, T.K.; Ebert, RW.; Valek, P.W.; Allegrini, F.; McComas, D.J.; Bagenal, F.; Chae, K,; Livadiotis, G.;
Loeffler, C.E.; Pollock, C.; et al. Method to derive ion properties from Juno JADE including abundance
estimates for O* and S*. J. Geophys. Res. 2020, 125, e2018JA026169.

Barouch, E. Properties of the solar wind at 0.3 AU inferred from measurements at 1 AU. ]. Geophys. Res.
1977, 82, 1493-1502.

Freeman, J.W. Estimates of solar wind heating inside 0.3 AU. Geophys. Res. Lett. 1988, 15, 88-91.

Ebert, RW.; Allegrini, F.; Fuselier, S.A.; Nicolaou, G.; Bedworth, P.; Sinton, S.; Trattner, K.J. Angular
scattering of 1-50 keV ions through graphene and thin carbon foils: Potential applications for space plasma
instrumentation. Rev. Sci. Instrum. 2014, 85, 033302.

Allegrini, F.; Ebert, RW.; Nicolaou, G.; Grubbs, G. Semi-empirical relationships for the energy loss and
straggling of 1-50 keV hydrogen ions passing through thin carbon foils. Nuclear Instrum. Methods Phys. Res.
Sect. B 2015, 359, 115-119.

© 2020 by the authors. Licensee MDPI, Basel, Switzerland. This article is an open access
‘@ ® article distributed under the terms and conditions of the Creative Commons Attribution

(CC BY) license (http://creativecommons.org/licenses/by/4.0/).



